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Larger mammalian cerebral cortices tend to have increasingly folded surfaces, often con-
sidered to result from the lateral expansion of the gray matter (GM), which, in a volume
constrained by the cranium, causes mechanical compression that is relieved by inward
folding of the white matter (WM), or to result from differential expansion of cortical layers.
Across species, thinner cortices, presumably more pliable, would offer less resistance and
hence become more folded than thicker cortices of a same size. However, such models do
not acknowledge evidence in favor of a tension-based pull onto the GM from the inside,
holding it in place even when the constraint imposed by the cranium is removed. Here
we propose a testable, quantitative model of cortical folding driven by tension along the
length of axons in the WM that assumes that connections through the WM are formed
early in development, at the same time as the GM becomes folded, and considers that
axonal connections through the WM generate tension that leads to inward folding of the
WM surface, which pulls the GM surface inward. As an important necessary simplifying
hypothesis, we assume that axons leaving or entering the WM do so approximately per-
pendicularly to the WM–GM interface. Cortical folding is thus driven by WM connectivity,
and is a function of the fraction of cortical neurons connected through theWM, the average
length, and the average cross-sectional area of the axons in the WM. Our model predicts
that the different scaling of cortical folding across mammalian orders corresponds to differ-
ent combinations of scaling of connectivity, axonal cross-sectional area, and tension along
WM axons, instead of being a simple function of the number of GM neurons. Our model
also explains variations in average cortical thickness as a result of the factors that lead to
cortical folding, rather than as a determinant of folding; predicts that for a same tension,
folding increases with connectivity through the WM and increased axonal cross-section;
and that, for a same number of neurons, higher connectivity through the WM leads to a
higher degree of folding as well as an on average thinner GM across species.
Keywords: allometry, brain size, evolution, white matter, cortical folding, connectivity, axon caliber, cortical
thickness
INTRODUCTION
Across different mammalian orders and species, adult brain cere-
bral cortices vary over several orders of magnitude in size,
becoming more folded as their size increases. Already in the late
Abbreviations: a, average cross-section area of myelinated axons in WM; AE,
Exposed surface area of cerebral cortex; AT, Total surface area of cerebral cortex;
AW,White–gray matter interface surface area; C, Cortical estimated computational
capacity; FG =AT/AE, Cortical folding index; FW =AI/4πRW
2, white matter fold-
ing index; GM, cerebral cortical gray matter; l, average length of myelinated axons
in WM; L =l n·NN, total length of myelinated axons in WM; MG, mass of cere-
bral cortex GM; MW, mass of cerebral cortex subcortical WM; n, GM connectivity
through the WM, deﬁned as the fraction of neurons in GM with myelinated axon
in WM; N,Number of neurons in GM; O,number of other (non-neuronal) cells in
WM; RW(3VW/4π)1/3,WM“radius”(or,more properly,length scale);T =V G/AT,
average thickness of cerebral cortex GM;V,volume of cerebral cortex (GM+WM);
V G, volume of cerebral cortex gray matter (GM); VW, volume of cerebral cortex
white matter (WM); WM, subcortical white matter.
eighteenthcentury,FranzGallacknowledgedthatcorticalfolding,
and thus the non-isometrical expansion of the cerebral cortical
gray matter (GM), allowed a faster increase in number of neu-
rons than would be granted by increased cranial volume alone if
the cortical surface expanded isometrically,or simply as a balloon
would (Gross, 1999). Later, His (1874) considered that cerebral
shape could be explained by unequal growth, competing volume
demands, and resulting tension of different brain structures.
Cortical folding has since been considered to increase with
brain size as the GM expands laterally and supposedly pushes
inward the underlying white matter (WM; Le Gros Clark, 1945),
speciallygiventheconstraintimposedbytheskull(Welker,1990).
Because the distribution of neurons beneath the cortical surface
has traditionally been considered to be constant across species
(Rockel et al., 1980), cortical folding would thus be a direct func-
tionof thenumberof neuronsinthecortex.Thisisinlinewiththe
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usual expectation that elephants and large cetaceans, with larger
brains than humans, have larger numbers of cortical neurons in
their more folded cortices than humans do.
Contrary to these traditional views, however, we have recently
shown that cortical size is not a uniform function of the number
of cortical neurons across mammals. Using the isotropic fraction-
ator to determine numbers of brain neurons (Herculano-Houzel
and Lent, 2005), we ﬁnd that cortical mass increases much faster
in rodents than in primates as the cerebral cortex gains neurons
across species (Herculano-Houzel et al., 2006, 2007, 2011; Gabi
et al., 2010), which is due to an increase in average neuronal cell
size in larger-brained rodents while there is barely any increase in
average neuronal cell size in larger-brained primates (Herculano-
Houzel,2011).As a result,neuronal densities are larger in primate
cortices than in rodent cortices of a comparable size (Herculano-
Houzel, 2011). Moreover, we recently showed that the number
of neurons beneath the cortical surface is not constant across
primate species as previously thought (Herculano-Houzel et al.,
2008), and is also not constant across rodents, actually decreasing
inlargerbrains(Ventura,Mota,andHerculano-Houzel,tobesub-
mitted), which means that there is not a single relationship that
applies between cortical surface area and number of cortical neu-
rons across mammals. The combination of these ﬁndings leaves
one no longer any reason to expect cortical folding to be a simple,
homogeneous function of increased numbers of cortical neurons
across mammals. For instance, although large cetacean and artio-
dactylabrainshavemorefoldedcerebralcorticesthansimilarsized
primate brains, they probably have not more but rather far fewer
neurons in the cortex than primates, due to their very low neu-
ronal densities (Tower, 1954; Herculano-Houzel, 2009; and our
unpublished observations).
This is not to say, however, that cortical folding is not driven
by a shared, conserved mechanism across mammalian species. In
fact,our recent work on the scaling of the subcortical WM in pri-
mates as a function of their numbers of cerebral cortical neurons
unexpectedly led us to realize that cortical folding can be uni-
versally predicted as a function of not simply the total number
of cortical neurons, but of the number of cortical neurons that
are connected through the WM compounded with the average
caliber of their axons in the WM and the tension in these axons
(Herculano-Houzel et al., 2010). Cortical folding, according to
this view,would not be driven by the GM,but rather primarily by
tension in the WM.
A qualitative, tension-based theory of cortical morphogenesis
was ﬁrst proposed by Van Essen (1997), taking into consider-
ation the patterns of connectivity between cortical areas. His
connectivity-driven hypothesis for the placement of cortical folds
accountsfortheconsistentformationof convolutionsinaspecies-
speciﬁcpattern.Itdoesnot,however,explaintheincreasedcortical
folding that accompanies increasing cortical size across species;
Van Essen himself still resorted to a GM driven mechanism to
account for that. There are, however, a number of other evi-
dences against a GM driven mechanism of cortical folding. Partial
removalof theskullduringdevelopmentdoesnothaveadramatic
effect on the ﬁssure pattern, and lesion experiments suggest that
cortical folding is not primarily dependent on a disproportionate
growth between cortical and subcortical structures (reviewed in
Kaas, 2009). Thus, the primary source of ﬁssure formation must
be sought in factors within the cortex itself – or underneath it.
Based on our ﬁndings on the scaling of cortical connectivity
and WM volume in primates (Herculano-Houzel et al., 2010), we
proposed in that paper an extension of Van Essen’s qualitative
tension-based theory of cortical folding to explain quantitatively
how increased folding accompanies increasing cortical size across
primate species. According to our model, rather than driving the
folding of the WM surface, the folding of the external surface of
the GM results from folding of the WM surface, which, in turn,
results from increased tension within the WM due to increased
numbers of axons composing the WM depending on their phys-
ical properties of caliber and tension. Our model is quantitative;
acknowledgesthatthecortexscalesdifferentlyinsizeacrossmam-
malian orders as different power functions of its number of
neurons; is therefore applicable, in principle, to all mammalian
species; and makes easily testable predictions for all of them. The
followingisadescriptionof themodel,itsassumptions,andadis-
cussion of its implications and predictions, and how they can be
tested.
ASSUMPTIONS AND RATIONALE
So far, we have found the size of the different brain structures,
the numbers of cells that compose them, and their average den-
sities, and therefore average cell size, to be parameters related to
one another by power functions (Herculano-Houzel et al., 2006,
2007, 2011; Sarko et al., 2009; Gabi et al., 2010). Generically, one
should expect brain and cortical allometric scaling rules that are
valid over several orders of magnitude across species within a par-
ticular mammalian order to take the form of power laws (i.e.,
relating measurable quantities “x” and “y”b yy=kxa). This is
because relations which are expected to remain valid over many
orders of magnitude should not be given in terms of parame-
ters that specify a particular size scale, that is, they should be
scale-independent. As can be easily demonstrated, a one-variable
function is scale-independent if and only if it is a power law.
We therefore expect to ﬁnd the scaling rules that determine
cortical folding to also be scale-invariant, and therefore power
laws.
Evenmoreimportantly,weassumethatthenumberofneuronal
cellsisthemainfreeparameterthatcoordinatesthescalingofevery
otherquantityof interest,measurable,orestimated.Therearesev-
eral reasons for this assumption. First, neurons, rather than glia,
are the ﬁrst cells to populate the developing brain in large num-
bers, and their connectivity begins to be established at the same
time as convolutions begin to form,even before the ﬁnal neuronal
complement is in place (Goldman-Rakic, 1980; Goldman-Rakic
and Rakic, 1984). Therefore, and in contrast to most earlier stud-
ies on brain allometry that implicitly or explicitly regarded the
number of neurons as a consequence of brain size, we believe
instead that any biologically plausible model of brain allometry
must consider brain size, in all its aspects, to be a consequence of
its number of neurons, according to scaling laws that may vary
across different phyla. Second, we have found that, in contrast to
theorder-andstructure-speciﬁcneuronalscalingrules,thescaling
of different brain structures seems to occur as a universally shared
function of their numbers of glial cells, both across orders and
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structures (Herculano-Houzel, 2011). This result, combined with
thelateonsetof gliogenesisinpost-nataldevelopment(Sauvageot
and Stiles, 2002), suggests that we can assume that cortical com-
position is determined essentially by the number of neurons and
their average mass (which is itself closely related to the number of
neuronsbyanorder-speciﬁcpowerlaw);afterneurogenesis,nearly
invariant glia will then inﬁltrate the intraneuronal space in pro-
portiontothetotalneuronalmass(Herculano-Houzel,2011).The
development of an adult mammalian cortex can then be viewed
as a process whereby total numbers of neurons, numbers of neu-
rons connected through the WM, their size (which includes the
soma, all dendrites, and an axon of a particular caliber), and
cortical folding vary in lockstep, over an invariant background
of glia.
Our model thus assumes that all parameters related to corti-
cal scaling and folding can be described as power functions of
the total number of cortical neurons. Note that the fact that gen-
eral allometric rules exist for cortical morphology in each order,
expressible as power laws of their number of neurons, does not
mean that the latter is the only signiﬁcant degree of freedom in
brain or cortical evolution. Rather, the power laws tell us that any
other signiﬁcant degrees of freedom must be present either at a
substructure level, thus being erased by measurements that aver-
ageovertheentirestructure,oratthemicroscopiclevelof detailed
connectivity, which is not accessible to our methods, but also not
relevant to the model at hand.
Our model, as presented for cross-species comparisons, con-
siders total cortical volumes and areas, and average values of
neuronal density and cortical thickness for the whole cortex,
in line with the empirical studies that generated the numeri-
cal data used here (Herculano-Houzel et al., 2006, 2007, 2010,
2011; Sarko et al., 2009). Neuronal density is now known to
vary across the cortical surface within primate species (Collins
et al., 2010), and it is known that cortical thickness and gyriﬁ-
cation also vary across the cortex (Zilles et al., 1988; Toro et al.,
2008). However, comparative studies on the scaling of cortical
gyriﬁcation traditionally analyze whole-brain patterns (Hofman,
1985; Pillay and Manger, 2007), and attempts to understand
the scaling of cortical gyriﬁcation have similarly been directed
toward whole-brain comparisons. We therefore developed our
model based on average values for whole cortex that can be
compared across orders, but predict that the scaling rules pro-
posed here to govern gyriﬁcation at the level of the whole cor-
tex might also be applicable at the local level across cortical
areas.
White matter is largely composed of axons connecting neu-
rons in the GM, mostly with each other but also with subcortical
structures, along with the glial cells that support their function.
The volume of each axon is simply its cross-sectional area mul-
tiplied by its length. If there is no signiﬁcant correlation between
these two latter quantities (which can be proven mathematically
that will be the case when axon bundle volume is constrained
and average signal propagation time is minimized), then the total
axonal volume is the product of average axon cross-section area
a, the average axonal length l, and the total number of axons
present in the WM. We can assume further that the volume of the
intra-axonal space, including in particular the myelin sheath and
the myelinating oligodendrocytes, is proportional to axonal vol-
ume,given the experimental support for a linear relation between
axon diameter and myelin sheath diameter (Sadahiro et al.,2000).
Using the common assumption of a linear relation between total
numberof oligodendrocytesandthetotalaxonlength(Barresand
Raff, 1994, 1999), then the total volume of the WM can be writ-
ten to scale with the product of the total axon length (or total
number of oligodendrocytes) and average axonal cross-sectional
area.
We also assume that WM axons intersect the surface of the
WM–GM interface in a perpendicular direction. This is a simpli-
fying assumption, since it can observed from direct imagery that
multiple ﬁber orientations can be present very close to each other
even at the WM–GM interface. However, we believe on theoret-
ical grounds that this is a reasonable if imperfect approximation
of a somewhat more complex anatomical reality. Indeed, axons
typically cross this interface in parallel bundles (Mori et al.,2002),
which are the most volume-economical way of building such sur-
face; in a growing cortex the combination of axonal longitudinal
tension,WM hydrostatic pressure,andWM–GM interface surface
tensionshouldalignmostbundlesveryclosetoperpendicularlyto
theinterface.Wemustmakethisassumptionbecauseweareunfor-
tunately aware of no systematic studies of the distribution axonal
incidence angles in the literature, although published diffusion
tensor imaging tracing studies show a clear (but unquantiﬁed)
preference for perpendicular angles of incidence (for instance,
Mori et al., 2002). A systematic variation in the average incidence
angle across species would alter our results somewhat, but not
appreciably except for a very large range of values1.
Finally, our model assumes that connections through the WM
are formed early in development, at the same time as the GM
becomes folded,an assumption that is supported by experimental
evidence (reviewed in Welker, 1990); that most axons in mam-
malian cortical WM are myelinated (Olivares et al., 2001); and
thatmostof theWMvolumeamountstomyelinatedaxons(Wang
et al., 2008), thus neglecting the contribution to the volume of
(small) non-myelinated ﬁbers in the WM.
THE MODEL
We consider that the surface of the WM–GM interface, with total
areaAW,iscrossednearlyperpendicularlybymostaxonsleavingor
entering the WM,of an average cross-sectional area a,and which,
together with the ensheathing glial cells, comprise the entirety of
the WM surface. AW can thus be quantiﬁed as the product of the
numberofcorticalneurons,N;thefractionnoftheseneuronsthat
are connected through the WM; and their cross-sectional area, a
(Figure 1). Thus,
AW ∼ γ−1nNa ,
whereγ istheaveragecosineof theincidenceangleof axonsatthe
WM–GM interface. The value of γ is of course 1 in the simpliﬁed
1 A deviation from perpendicular incidence would be reﬂected on a proportional
discrepancyintheestimationofaxonallengths;butonlyasystematicvariation(with
N) of incidence angle would alter the calculated power law coefﬁcients. Unfortu-
natelywecannotatthispointruleoutornumericallyconstraintsuchvariation,and
must therefore recognize this fact as a limitation of our model as it stands.
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FIGURE1|S c hematic of the cortical layout used in the model.The two
volumes on the right illustrate the cortical gray matter (top) and white matter
(bottom).The gray matter is composed of an N number of neurons, a fraction
n of which are connected through the white matter (darker gray), either
sending or receiving axons (of an average cross-sectional area a) through it.
Glial cells, which have been found to be distributed at a fairly constant density
across species (Herculano-Houzel, 2011), are not shown.The surface area of
the interface between the gray and white matter, AW, is given as the product
nNa, and the volume of the white matter, V W, is proportional to the product of
AW and the average axonal length in the white matter, l.
case of perfectly orthogonal incidence, and presumably close to 1
in reality. The WM volume VW is the sum total of the volumes of
all ﬁbers and is thus equal to one half of the product of AW and
the average axonal length in the WM, l, such that
VW ∼ nNal .
Note that the average value of axonal length is given by
l=2V w/γAw. A direct measurement of γ would provide us with
a direct measurement of l for each species. Assuming γ=1, then
l can be obtained from the existing measurements of V w and
Aw. Strictly speaking, these quantities are only lower bounds
on the average axonal lengths; if however γ≈1a sw ep o s t u -
late, they can be taken as good approximations of their actual
values.
If the WM scales under tension, the cubic root of its volume
shouldincreasemoreslowlythanthesquarerootofitssurfacearea,
leading to deformation of the latter,that is,to folding of the GM–
WM surface. To quantify the extent of WM folding, we deﬁne
a folding index FW, which is the ratio between the actual WM
surface, AW, and the exposed surface expected from its volume
(9π/2)1/3 VW
2/3.
FW = (2/9π)1/3 (nN a )

(nNa l)2/3
Thus, a FW value of exactly one implies a spherical WM, and
larger values imply more convoluted forms. Importantly, notice
that it is not necessary to model the cerebrum as a sphere for
the 2/3 scaling relationship between its surface area and volume
to hold; a volume of any shape that scaled isometrically would
have the same scaling relationship of 2/3. In this case of isometric
growth,whichwouldensueif theWMdidnotscaleundertension,
then we would expect FW to be invariant as function of N.
Now, considering that a, n, and l are themselves related to N
as power functions such that a ∼Nα, n ∼Nc, and l ∼Nλ, the
relationships above can be entirely rewritten as power functions
of N:
AW ∼ NCNN α ∼ Nc+1+α
VW ∼ NCNN αNλ ∼ Nc+1+α+λ
FW ∼ N(1+c+α−2λ)/3
Note that if we took into account a systematic variation of the
incidence angle of ﬁbers at the GM–WM interface as a power law
of N, we would have to introduce a (non-zero) new coefﬁcient at
the expression for Aw. There is unfortunately currently no exper-
imental way of estimating the value of such coefﬁcient. We have
assumed throughout that it is small enough to be disregarded,but
shoulditprovetobeotherwisewewillhavetorecalculatetheother
coefﬁcients accordingly, and revisit the conclusion obtained.
Simultaneously,forcorticeswithaverageGMthicknessTmuch
smaller than the cortical characteristic length so that the internal
and external areas of GM scale linearly (that is, AG ∝AW), T can
be deﬁned as simply the ratio between the volume of the GM,V G,
and area of the GM–WM interface,AW. Given that V G scales as a
power function of N, with Nv, then
T ∼ Nv
Nc+1+α
and therefore cortical thickness T scales with Nt, such that
t = ν − c − 1 − α.
Instead of v, we can use a more biologically meaningful para-
meter d, which is the exponent relating neuronal density D in
the GM to N, given that V G =N·D−1 and that D∼Nd. Because
V G ∼N1−d, then v =1−d,and the equation above becomes
t =− d − c − α.
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Averagecorticalthickness,therefore,scalesafunctionof aGM-
related variable (the scaling of neuronal density with N), and
two WM-related variables that, together with N, determine WM
folding (the scaling of connectivity and of axonal cross-sectional
area with N). Remarkably,cortical thickness is therefore not itself
a function of N, but rather of how exponents d, c, and α are
interrelated.
Finally, the extent of GM folding, FG, can be expressed as the
ratio between its actual surface,AG (which can be written as pro-
portional to V G/T, or N1−d−t), and the exposed surface expected
from the total volume (V G +VW)2/3:
FG = N1−d−t/(N−d + Nc+1+α+λ)
2/3
Note that although this equation is not an exact power law, it
caninpracticebewellapproximatedbyonesinceVW andV G scale
in fairly similar ways with N. Another way to express FG,n o wa s
an exact power law,is by writing the total volumeV T =V G +VW
itself as a measurable power function of N, varying with Nz.I n
this case, FG becomes
FG = N1−d−t/(NZ)
2/3
Returning to the ﬁrst equation of FG, and recalling that
t =−d−c−α, GM folding is thus a combined function of the
number of cortical neurons; the fraction of these neurons that are
connected through theWM; and the average cross-section area of
the axons in the WM. Further, the thickness of the GM is thus a
consequence of some of the same parameters that determine how
the cortex folds, and not a determinant of it. A schematic of the
m o d e li sd e p i c t e di nFigure 2.
PREDICTIONS FROM THE MODEL
Useful mathematical models are those that lead to a number of
testable predictions. This is one major advantage of our model:
it allows us to derive not only testable qualitative insights on the
scaling of cortical folding, but also quantitative predictions that
can be tested experimentally.
QUALITATIVE PREDICTIONS ABOUT CORTICAL FOLDING
Our model predicts that the folding of the GM is related to the
folding of the WM, and the scaling of the former across species
depends on the scaling of the latter. We predict that WM fold-
ing scales across mammalian species with the number of cortical
neurons; the fraction of these neurons that are interconnected
through the WM; the average length of the myelinated ﬁbers in
the WM; and their average cross-sectional area. GM folding then
scalesdepending,additionally,onthescalingof theGMthickness,
which in turn is determined by the scaling of neuronal density
FIGURE2|S c hematic of our connectivity-driven model of the
scaling of cortical folding with increasing numbers of cortical
neurons (N).To the left are shown what we propose to be the
fundamental parameters determining cortical folding, probably
determined genetically, and which we postulate to vary alometrically
with N: the fraction of cortical neurons connected through the gray
matter (n), the average cross-sectional area of the axons in the white
matter (a), the average neuronal density in the gray matter (D, which is
approximately proportional to the inverse of average neuronal cell
volume in the gray matter), and the average axonal length in the white
matter (l). Next, white matter surface (AW) and volume (V W) are organized
as shown, depending on N and the scaling exponents, and thus
determine the folding of the white matter surface (FW). On top of AW, the
gray matter becomes organized depending on the average size of its
neurons, which, combined to a and n, determine cortical thickness,T.The
degree of folding of the gray matter, F G, is thus a consequence of the
folding of the white matter, which is in turn dependent on how the
parameters determining cortical connectivity (c, a, and l) scale with N.
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FIGURE3|S c hematics of various manners of cortical scaling (and
folding, not shown) depending on the interplay between the scaling
parameters and how they vary with the number of cortical neurons as it
increases (left to right). In all three scenarios, axons in the white matter
grow under enough tension to lead to cortical folding, fulﬁlling the condition
that λ<(c+1+α)/2. In the top scenario, in which the connectivity fraction is
unchanged (indicated by the dark gray “neurons” in the gray matter),
c =α=0; therefore λ<0.5, and the cortex folds more and more with an
unchanging thickness given that, in this scenario, d is also 0. In the middle
scenario, in which the connectivity fraction decreases but α=d =0, cortical
folding will increase, with an accompanying increase in thickness that scales
with N
–c (from t =−c−d−α). In the bottom scenario, in which the
connectivity fraction decreases (c <0) and both average neuronal size in the
gray matter and axonal cross-sectional area in the white matter increase with
N (that is, d <0 and α>0), cortical folding increases with a rapid increase in
thickness that scales with N
−c−d−α.
in the GM (besides the scaling of connectivity and average axonal
cross-sectionalareaintheWM).Figure3illustrateshowtheinter-
play across the scaling of these parameters determines cortical
morphology and folding.
One remarkable characteristic of our model is that, in princi-
ple,it applies universally across mammalian orders (and therefore
describes the scaling of cortical folding universally), even though
relationshipssuchasthoseamongfoldingindex,corticalthickness,
and cortical size are different across orders (Pillay and Manger,
2007). In fact, we can predict that these relationships will be
differentacrossordersdependingontheparticulardeﬁningexpo-
nents that apply to each order;order-speciﬁc characteristics of the
scaling of cortical folding will result from combinations of these
exponents. Thus,it is conceivable that cortical folding increases in
larger brains with no change in connectivity and no change in the
averagecross-sectionalareaof theaxonsintheWM;withdecreas-
ing connectivity and increasing average cross-sectional area of the
WM; and so forth.
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Indeed, one of the strengths of the model is that one can
predict how the different scaling exponents will be related.
Because folding of the WM scales with N(1+c+α−2λ)/3, then
larger cortices in a mammalian order will only be increasingly
folded when (1+c+α−2λ)/3>0. This condition imposes con-
straints on the combinations of values of c, α, and λ that
will lead to increased folding in larger cortices (that is, as N
increases).
For instance,supposing that cortical scaling occurs in an order
w i t haﬁ x e dλ of 0.5, then c+α>0, which implies that if folding
increases in larger cortices,then any decrease in connectivity (that
is, a negative value of c), or even a constant connectivity (that
is, c=0) is necessarily surpassed by a positive scaling of average
axonalcross-sectionintheWM.Inthesecircumstances,thethick-
nessof theGM,whichscaleswitht =–d−c−α,willdependonthe
scaling of neuronal density minus the positive sum of c+α;a sa
consequence, the number of neurons underneath a given cortical
surface will not be constant (a condition that is only met when
t =−d).
By the same token, if cortical scaling occurs in an order with
increasing folding in the presence of ﬁxed connectivity (that is,
with c=0), then necessarily α>2λ−1. In these circumstances,
the average axonal cross-sectional area in the WM will increase
in larger-brained cortices for any value of λ≥0.5. Consequently,
the thickness of the GM will scale depending on the value of
–d−α.
Likewise, it is possible for cortical scaling to occur with
increased cortical folding within an order with ﬁxed connectivity
and unchanging average axonal cross-sectional area in the WM,
as long as λ<0.5. In these conditions, it can be predicted that
the thickness of the GM will scale depending on the scaling of
neuronal density alone, and thus occur indeed with a constant
number of neurons beneath the cortical surface, as intended in
some models (Rockel et al., 1980).
CORTICAL THICKNESS
Thinner mammalian cortices are usually found to be more folded
than thicker cortices of a similar size (Hofman, 1985; Pillay and
Manger, 2007). This ﬁnding has been attributed to thinner cor-
tices being supposedly more pliable than thicker cortices, which
would render the former less resistant to being folded (Pillay
and Manger, 2007). In contrast, our model predicts that corti-
cal thickness is actually determined by two WM-related factors
that also determine the degree of cortical folding (connectiv-
ity and average axonal cross-sectional area in the WM), and a
third, GM-related variable (neuronal density). Remarkably, the
scaling of cortical thickness is therefore not simply a function
of N, but rather of how d, c, and α are interrelated; if neu-
ronal density, connectivity, and average axonal cross-sectional
area are unchanging in a mammalian order, then larger cor-
tices, with larger N, would be expected to have an unchanging
thickness as well. In another scenario, even if neuronal densities
in the GM were still constant across species in an order, corti-
cal thickness would still increase with N as long as c+α<0,
which would be the case, for instance, if connectivity decreased
(c<0) and average axonal cross-sectional area did not change
(α=0).
CORTICAL UNIFORMITY
Remarkably, the relationship between cortical thickness, connec-
tivity, neuronal density, and axonal cross-sectional area predicts
that a uniform number of neurons underneath a cortical surface
area will only be found across species (Rockel et al., 1980) when
a very speciﬁc condition is met. Given that V G =AW T =N/D,
then the ratio N/AW will only be constant when the product D·T
is constant. Written as a function of N, and remembering that D
varies with Nd, and T with N−d−c−α, then this condition is met
only when d+(−d−c−α)=0,that is,when the sum of the expo-
nents c and α is zero, or, alternatively, when cortical connectivity
throughtheWMremainsconstantandsimultaneouslytheaverage
axonal cross-section in theWM does not scale (that is,both c and
α are zero). In all other cases, the number of neurons underneath
a cortical surface will scale with a non-zero combination of d and
t. Notice that this prediction is valid both for the scaling of the
entire cerebral cortex and for different cortical areas.
SCALING OF WM WITH GM
BecauseV G canbedeﬁnedastheproductof AW andT,andthere-
fore varies with Nc+1+α Nt,o rNc+1+α+t, then the ratio VW/V G
varies with Nc+1+α+λ/Nc+1+α+t =Nλ−t, that is, depending on
whichissteeper:thescalingof axonallengthreduction(fasterwith
smaller values of l) or of cortical thickening (faster with larger
valueof t)asafunctionof N.Ratioslargerthan0meanthataxons
shortenrelativetoisometrymoreslowly thanthecortexthickensas
itgainsneurons.TheimplicationhereisthattheratioVW/V G will
be constant across mammalian species when λ=t and that it will
increase when λ>t; and may even scale similarly across orders
when they share a similar relationship between λ and t. Note that
a similar scaling of the VW/V G relationship across orders does
not imply similar values of λ or of t, but only a similar difference
between them across orders. The increase in the ratio VW/V G in
larger cortices (Zhang and Sejnowski,2000) can thus be predicted
to be a consequence of a slower minimization of average axonal
length relative to isometry than the thickening of the GM as a
function of N.
PROPAGATION TIME
Another way of thinking about FW is to express it in terms of
the average axon length l and the WM characteristic length RW
(deﬁned as the radius of a sphere with volume VW). This rela-
tionship can be written as FW =2RW/3l, where the WM folding
index is simply proportional to the ratio between the characteris-
tic size of the WM and the average axonal length. Thus, the more
axonal tension curtails the growth of l,the greater the FW and the
more convoluted the WM becomes. Compared to a smooth WM
surface, folding the WM results in axons having to travel shorter
distances to connect GM neurons. A more folded WM will have
shorter axons,as a fraction of its characteristic size.
Since the whole purpose of the axons in WM is to transmit
signals,it makes sense to quantify how well and quickly they do it,
in terms of the scaling rules obtained above. It is well known that
an action potential impulse propagates along a myelinated axon
in a time proportional to the axon length and inversely propor-
tional to the square root of axon cross-sectional area. The average
impulse propagation time should then be given by ¯ t α l/a1/2.
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Sincel =2VW/AW ∝Nλ,AW ∼Nc+1+α+λ,andVW ∼Nc+1+α+λ,
we can combine the three equations to describe how the average
propagation time scales with N:
t ∝
l
a1/2 ∝
2VW
AWNα/2 ∝ Nτ
τ = λ − α
2
From the equation above, it is clear that, with all else being
equal, increasing axonal thickness would result in smaller propa-
gationtimes.However,if allaxonsintheWMweretogrowthicker
by the same factor, then a tightly packed WM would also have to
expandtoaccommodatetheextravolume.ButalargerWMwould
mean that GM neurons would be further apart, and axons would
have to be longer to connect them.
For the sake of argument, let us considering an isometric dou-
bling of all the lengths and diameters (i.e., a fourfold increase in
average cross-sectional areas) of all axons in the WM, such that
the overall shape of the WM does not change. According to the
formula given above, the average axon impulse propagation time
in this isometrically scaled upWM would also be unchanged. Sig-
nals have to propagate further due to the doubling of l, but the
propagation speed is proportionally faster due to the quadrupling
of a. Thus,as far as average propagation times in theWM are con-
cerned, there is no difference between scaled up or scaled down
isometric versions of the WM. In contrast, the hypometric scal-
ing of axonal length in the WM has the obvious consequence of
decreasingpropagationtime:thesmallerthevalueof l,thesmaller
the increase in axonal cross-sectional area required to maintain
a constant average propagation time as the cortex gains neurons
interconnected through the WM.
With the realization that average propagation time scales with
N raised to an exponent of λ−α/2, then the folding of the WM
can be written to scale as
FW ∼ N(1+c+α−2λ)/3 ∼ N(1+c−2τ)/3
Thus,theWMfoldingindexcanbeexpressedinsuchawayasto
depend on only two quantities:The total number of axons inWM
(whichscaleswithNc+1),andtheinverseof thesquareof theaver-
age axonal signal propagation time (which scales as Nλ−α/2). This
means that cortices in which connectivity through the WM and
average propagation time scale similarly will have folding indices
that also scale similarly. This also means that, for a given value
of c, a faster upscaling of WM folding will be accompanied by a
slowerincreaseinpropagationtimes.Increasingcorticalfoldingin
largerbrainsisthusassociatedwiththeadvantageof adiminished
increase in the average propagation time that would otherwise be
expected if the WM grew isometrically.
COMPUTATIONAL CAPACITY
Signal propagation times tell us how fast a cortex computes infor-
mation,butnothoweffectively.Toquantifycomputationalcapac-
ity in a simple way, consider a simple neuronal circuit composed
of a few neurons connected by axons passing through the WM. A
discrete“operation”insuchacircuitconsistsofasetnumberofsig-
nals being passed back and forth among the neurons (for instance
in response to a speciﬁc external input). A typical such operation
is memory retrieval: The circuit receives as input an incomplete
patternthatisapartialmatchtoastoredpattern.Afterafewcycles
overitsfeedbackloops,thecircuit’soutputeventuallyconvergesto
the stored pattern. Clearly, each such computational cycle (which
can be as simple as two neurons with reciprocal connections) is
completed in the time it takes for a signal to propagate along the
axonsof itsinterconnected,constitutingneurons.Thus,ingeneral
terms,and assuming that all propagation times in the circuit scale
up similarly, then the time needed to perform one operation in
this circuit is proportional to the average propagation time along
its axons; conversely,the number of operations it can perform per
unit time is inversely proportional to the average impulse propa-
gation time of the circuit’s axons. In this case, C, the number of
operations involving WM ﬁbers (i.e., non-local operations) that
a cortex would be able to perform per unit time, a very simple
proxy for its overall computational capacity, is then proportional
to the number of“circuits,”or the number of axons,and inversely
proportional to the average propagation time.
C ∝
nN
τ
=
O
1
2A2
W
V
3
2
W
∝ Nθ
θ = 1 + c − τ = 1 + c − λ + α
2
Note that,like the WM folding index,the scaling of C depends
only on the number of axons crossing the WM, and on the
coefﬁcient τ for the scaling of average propagation time.
We can also deﬁne a volumetric computational efﬁciency,
that is, computational capacity per unit of WM cortical volume,
Cef =C/VW,
Cef ∝
nN
VWτ
=
N
1
2
OA2
W
V
5
2
W
∝ Nε
ε =− 2λ − α
2.
The computational efﬁciency of the WM is thus predicted to
scale with N−2λ−(α/2). Note that Cef is highly dependent on the
scalingofaxonallength,butonlyweaklysoonthescalingofaxonal
cross-sectional area.
WHEN SHOULD THE CORTEX FOLD?
If the WM scales isometrically, that is, without folding, then the
average axonal length l will scale withVW
1/3,or with AW
1/2.I fo n
the contrary theWM scales under tension,with a smaller increase
inVW thanexpected,thatimpliesthatl isscalingmoreslowlythan
expected. Assuming that AW ∼nNa and that a,n,and l are them-
selves related to N as power functions such that a ∼Nα, n ∼Nc,
and l ∼Nλ, then, in the case of isometric scaling of VW,
l ∼ Nλ ∼ (nNa )1/2 ∼ N(c+1+α)/2
so λ=(c+1+α)/2 if the WM scales isometrically.
In all scenarios where λ<(c+1+α)/2, the WM will become
convoluted as it increases in size, and one can therefore expect
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the cortical GM to also become more and more folded at the same
time.Qualitatively,thismeansthat,duetoincreasingWMfolding,
axonsdonotgrowindirectproportiontothecharacteristiclength
of the brain (RW), but rather much more slowly; with cortical
growth,connections become relatively shorter,as if axons resisted
being “stretched” to accommodate more and more connections
through theWM.As we have seen,this results in average propaga-
tiontimesincreasingmoreslowlywiththeadditionof moreaxons
in WM.
Finally, in these scenarios where λ<(c+1+α)/2 and the
WM becomes increasingly folded in larger cortices, it can also
be predicted that τ<(c+1)/2 (by substituting τ=λ−α/2 in the
equation), which implies that there is an upper limit to the scal-
ing exponent of propagation time in the WM determined by the
connectivity fraction. This leads to the interesting realization that
decreasing the fraction of cortical neurons connected through the
WM (that is, more negative values of c) minimizes the upscaling
of propagation times in larger cortices.
TESTING THE MODEL
There are two main ways in which our model can be tested: by
designing experiments to address the prediction that cortical con-
nectivity through the WM affects the establishment of cortical
folds;andbytestingthequantitativerelationshipspredictedbythe
model.Whilewehavenotyethadtheopportunitytodesignexper-
iments speciﬁcally to test this model,earlier experiments showing
that cortical folding is altered after disrupting cortical connectiv-
ity but not after partial removal of the skull during development
(reviewed in Kaas, 2009) do support our proposal that cortical
folding is driven by pulling on the inside of the cortex,rather than
from the cortex pushing inward.
Testing the numerical relationships predicted by the current
model requires quantifying, across different mammalian species,
their numbers of neurons in the GM, numbers of other cells in
theWM;obtainingsurfaceandvolumemeasurementsfortheGM
and WM; and determining,from the scaling across these parame-
ters,whether the exponents thus calculated match the predictions
fromthemodel.Herewediscusshowthescalingexponentscanbe
obtained;in the next section,we will address how well the model’s
predictionsarematchedbyexperimentaldataavailablesofarfrom
rodents and primates.
MEASURING l AND λ
We showed above how, given that l =2VW/AW ∝Nλ, the allo-
metric exponent λ for scaling of l with N can be determined
experimentally from the relationship between the ratio between
the measureable values VW/AW and N. Additionally, the same
relationship also allows the average value of l to be estimated for
each species, as the quotient 2VW/AW. The factor of 2 is due to
the fact that we expect the vast majority of ﬁbers in the WM to be
cortico-cortical (Braitenberg and Schüz, 1998) and thus cross the
WM–GM interface twice, coming in and out of the WM as they
connect different areas of the cortical GM. Notice that because
any deviation of the true factor will be in the direction of being
smaller than 2, the value of l thus determined can be considered
an upper limit of the average axon length in the WM for that
species;moreover,deviationsfromthisvalueof 2donotaffectthe
exponent,λ.
DETERMINING c AND α
Experimentally,onecanobtainthesum c+αfromplottingAW as
afunctionof N,butnottheindividualvaluesoftheseexponents.A
simple, well-fundamented assumption, however, allows the expo-
nents c and α to be determined empirically using the isotropic
fractionator (Herculano-Houzel and Lent, 2005) to count the
number of non-neuronal (other) cells in WM, O, most of which
are oligodendrocytes myelinating neighboring axons. According
to Barres and Raff (1994,1999),it is reasonable to assume that the
total length L of all axons in WM, given by L =n·N·l,i sp r o p o r -
tional to the total number of oligodendrocytes found in the WM.
Thus,O ∼L.
Now, because VW amounts to total axon length L multiplied
by a, then VW ∼O·a. Because the power law relating O to N,
O ∼Nω,canbedeterminedempirically(Herculano-Houzeletal.,
2010),VW may be rewritten as
VW ∼ NωNα.
This is a power function that allows the exponent α to be
determined, given that ω is known. The exponent c can next be
calculatedsimplyfromthescalingrelationshipabovebetweenAW
and N,now that has been determined.
TESTING THE PREDICTIONS
Once the values of exponents λ, c, and α are obtained from the
measurements of VW, AW, N, and O, it becomes possible to pre-
dict if theWM should become increasingly folded in larger brains
from the comparison between λ and (c+1+α)/2. If these quan-
tities are equal, then the WM should scale isometrically. If, on the
other hand,λ<(c+1+α)/2,theWM will become convoluted as
it increases in size, and one can therefore expect the cortical GM
to also become more and more folded at the same time.
The actual folding of the WM, FW, is easily determined exper-
imentally for each species as being proportional to AW/VW
2/3;
the exponent of the experimentally obtained scaling of FW with
N can thus be compared to the predicted exponent given by
FW ∼N(1+c+α−2λ)/3.
Next, once the average thickness of the GM is determined for
each species as the ratioV G/AW,the exponent t of its scaling with
N can be determined experimentally,as can the exponent d of the
scalingrelationshipbetweenneuronaldensityandnumberof cor-
tical neurons. Once these exponents are available, it can be tested
whether, as predicted, t =−d−c−α; and whether the extent of
GM folding, FG, expressed as the ratio AG/(V G +VW)2/3, scales
as predicted,with
FG = N1−d−t/

N−d + NC+1+α+λ
2/3
EXPERIMENTAL FINDINGS
This model has so far been applied to a primate dataset contain-
ing11species,includinghumans(Herculano-Houzeletal.,2010),
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and more recently to a dataset of 5 rodent species (Ventura,Mota,
and Herculano-Houzel,to be submitted). Experimentally,we ﬁnd
thattheaveragecross-sectionarearemainsnearlyinvariantinpri-
mates as a function of N, while it increases sharply with N across
rodents. This is qualitatively very similar to what happens with
average neuron size in both orders: It increases signiﬁcantly with
N in rodents, but increases very slowly with N across primate
species(Herculano-Houzel,2011),suggestingthereisaconnection
between average neuron size and axon caliber.
AsforthefractionofGMneuronsprojectingaxonsthroughthe
WM, we ﬁnd that it decreases with N in both orders, but at a rate
that is more pronounced in primates than in rodents. As a result,
theWM becomes increasingly folded in larger primate brains,but
less rapidly in larger rodent brains.
Using the experimental method described above to determine
the values of the scaling exponents that appear in the model, we
obtained, in rodents and in primates, the values listed in Table 1.
In both orders, l scales sublinearly with N, which is a signiﬁ-
cantﬁndinggiventhatanyincreaseinaverageaxonlengthimplies
an increase in volumetric and propagation time costs. However,
while the rodent λ closely matches the value of 0.689 expected
in case of isometric scaling of VW of λ=(c+1+α)/2, the pri-
mate λ=0.207 is signiﬁcantly smaller than the value of 0.436
expectedinthecaseofisometricscalingoftheWM.Thisisastrong
indicationthatinprimates,theincreaseindistancebetweeninter-
connected cortical regions is minimized by effective shortening
of the axons, as would be expected to happen if they grew under
longitudinal tension (Van Essen, 1997).
As a consequence of these exponents, the folding of the WM
is predicted to scale as the cortex gains neurons with N0.153 in
primates, which matches precisely the observed scaling of the
WM calculated as AW/VW
2/3; and is predicted to scale with N0,
that is, not to increase in larger rodents cortices. Notice that this
Table 1 | Experimentally determined exponents for, respectively, the
scaling of average axonal length in theWM (l), average axonal
cross-sectional area in theWM (a), fraction of GM neurons connected
through theWM (n), average GM thickness (t), and neuronal density
in the GM (d) as power functions of the number of cortical
neurons (N).
Order λαct d
Primates 0.207 0.085 −0.212 0.127 0*
Rodents 0.699 0.466 −0.088 0.427 −0.640
Note that the values in the table value slightly from the values reported in
Herculano-Houzel et al. (2010) because here they are estimated for values of
VW, which are not available for human brains in our dataset, while in that study,
they were estimated for values of MW, which are available for humans, although
AW is not. Because of the lack of all values for human brains, we chose to recalcu-
late the exponents here for only those species for whichVW and AW are available.
*Neuronal density in the GM was not found to scale with N in the original study
where λ, α, c, and t were estimated (Herculano-Houzel et al., 2010), but in a later
review of a large dataset was found to scale with d=−0.168 (Herculano-Houzel,
2011). Again, we chose to report the value that applies to the current dataset, for
consistency.
prediction apparently contradicts the ﬁnding that large rodent
cortices, such as those of the agouti and capybara, are indeed
folded. We believe, however, that the apparent failure of the
model to predict the folding of large rodent cortices is due to
the fact that in our sample, three of the ﬁve species (mouse, rat,
and guinea pig) are small-brained and practically lissencephalic.
Thus,rodent cortices seem to scale without becoming folded only
up to a certain point, beyond which larger cortices do become
increasingly folded. This is actually circumstantial evidence in
favor of the push–pull model that we propose, in which the
WM only begins to fold once the traction that it exerts upon
the GM exceeds the resistance of the latter to becoming folded
inward.
NUMBER OF CORTICAL NEURONS CONNECTED THROUGH THE WM
Our model predicts that GM connectivity n (the fraction of GM
neurons that sends an axon through the WM) decreases as the
GM gains neurons, in a manner that we estimate in primates as
n ∝N−0.212.Althoughwedonotdisposeof estimatesof theactual
number of cortical neurons connected through the WM,it is illu-
minating to consider the following exercise scenario. Supposing,
forthesakeofargument,that50%ofallcorticalneuronswerecon-
nected through theWM in the marmoset,then a scaling of n with
N−0.212 would imply that in a monkey-sized cortex with 10 times
more neurons than the marmoset,WM connectivity would fall to
10−0.212 =0.61×50%=30% of all neurons; and a human-sized
cortexwithabout100timesmoreneuronsthanamarmosetwould
have only 19% of its neurons interconnected through the WM.
Note that decreased connectivity occurs in the face of an
increased total number of axons in the WM, which is propor-
tional to n·N,o rN1+c. In the exercise scenario above, the total
number of axons in the WM would increase from about 122 mil-
lion in the marmoset,to 510 million in the macaque,to 3.0 billion
inthehumancortex.Largerprimatecortices,therefore,increasein
size proportionally to N1 neurons in the GM, of which a number
proportional to N0.788 send axons into the WM.
A CONSTANT NUMBER OF NEURONS BENEATH THE CORTICAL
SURFACE?
As observed above, our model predicts that the ratio N/AG will
only be constant, as assumed in several models (e.g., Prothero,
1997; Zhang and Sejnowski, 2000), under particular circum-
stances, when d=−t, that is, when both c or α are zero, or so
is their sum. Indeed, we have recently found that the ratio N/AG
(whichissimilartotheratioN/AW),farfrombeingconstantacross
primate species,varies threefold across primate species,and actu-
ally scales with variations in neuronal density across the species
(Herculano-Houzel et al.,2008).
In primates, the predicted value of t =0.127 agrees nicely
with a measured value of 0.109±0.025 SE. In rodents, the pre-
dicted value of t =0.262 is well below the measured value of
0.427±0.048, possibly because our current estimate of d for the
GM is not as accurate as in primates for methodological rea-
sons (Ventura, Mota, and Herculano-Houzel, to be submitted).
In both cases, however, cortical thickness clearly does not scale as
the inverse of neuronal density (because either c or α or both
are signiﬁcantly different from zero, and non-canceling), thus
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explainingwhythenumberofneuronsunderneathagivencortical
surfacedoesnotremainconstantascorticalsizevaries(Herculano-
Houzel et al., 2008; Ventura, Mota, and Herculano-Houzel, to be
submitted).
SCALING OF V W/V G
Ithasbeenproposedthatlargercorticesscalewitharatiobetween
the volumes of the WM and GM that increases homogeneously
across all mammalian species, with VW scaling with V G
1.22 to
V G
1.33 dependingonthestudy(reviewedinZhangandSejnowski,
2000).We ﬁnd thatVW scales withV G
1.184±0.054 in primates,and
with V G
1.250±0.057 in rodents. Thus, VW appears to scale as not
signiﬁcantly different functions of V G across the two orders.
These volume relationships, however, mask the ﬁnding that
the ratio VW/V G increases much more rapidly in rodents
than in primates as their cortices gain neurons, varying
experimentally with N0.421±0.087 in the former and with
N0.162±0.057 in the latter. Remembering that VW/V G varies with
Nc+1+α+λ/Nc+1+α+t =Nλ−t, the scaling exponents above 0
indicate that in both rodents and primates, λ>τ. The increase
in the ratioVW/V G in larger cortices can thus be explained by the
slower minimization of average axonal length relative to isometry
thantherateof thickeningof theGMasafunctionof N –butwith
axonal length minimization lagging behind cortical thickening
more pronouncedly in rodents than in primates.
PROPAGATION TIMES
As detailed above, the average propagation time in WM axons
can be described to scale proportionally to average axon length
and inversely proportionally to the square root of the average
axonal cross-sectional area, varying as a function of Nτ where
τ=λ−α/2. Given the values of λ and α found for rodents and
primates (above), we have that
τrodent = 0.466
τprimate = 0.165
This suggests that average signal propagation time through the
WM increases far more steeply with N in rodent brains than in
primate brains. Indeed, a recent study of the corpus callosum in
primates suggested that the expected conduction delays between
thehemispheresfordifferentcorticalareasdoublesfrommacaque
toman(Caminitietal.,2009).Interestingly,althoughpropagation
time could in theory scale similarly across orders (which would
offer evidence of a common trend toward minimization of prop-
agation time in brain evolution), our initial results suggest that it
not only increases in larger primate cortices, but it also increases
faster in rodents than in primates. The faster scaling of WM fold-
ing in primate than in rodent brains, which we propose to result
from the stronger minimization of axonal lengths under tension
in the former, thus bestows upon primate cortices the advantage
overrodentsofgainingneuronswithouthavingsignalpropagation
through the WM slowed down as much.
COMPUTATIONAL CAPACITY
As described above, the computational capacity of the WM (the
numberof operationsinvolvingWMaxonsthatacortexwouldbe
able to perform per unit time) is proportional to the number of
axons in theWM,and inversely proportional to the average prop-
agation time. In this manner,computational capacity through the
WM scales with N raised to the power of θ=1+c −τ. Given the
values of c and α calculated above,then we can estimate
θrodent = 0.446
θprimate = 0.623
Like for propagation times, we ﬁnd that the total computa-
tional capacity of the cortex through the WM also scales faster in
primates than in rodents, although increasing more slowly than
the rate at which the cortex gains neurons.
Finally, the computational efﬁciency of the WM, predicted to
scale with N−2λ−(α/2), is thus estimated to scale with N−1.631 in
rodents, and with N−0.584 in primates. In both orders, thus, the
increaseinnumberof cerebralcorticalneuronsisaccompaniedby
a decrease in the computational efﬁciency of theWM–ad e c r ease
that is faster in rodents than in primates.
COMPARISON WITH OTHER MODELS
OUTSIDE-IN OR INSIDE-OUT?
One inﬂuential hypothesis for the formation of cortical folds is
the differential growth hypothesis, which considers that the faster
growth of the outer cortical layers compared to the inner layers
causethecorticalGMtofold(Richmanetal.,1975).Thathypoth-
esis, however, assumes that cortical GM is much stiffer (by an
unrealistic factor of 10) than the underlying WM. Our model, in
contrast, is aligned with the opposite view that cortical folding
is driven by tension generated by axonal connectivity in the WM
(Van Essen,1997),which posits that differences in cortical growth
might be a result, and not the cause of cortical folding (Hilgetag
and Barbas,2005).
Another previous model of cortical folding acknowledged a
radial pull on the cortical GM by elastic axonal ﬁbers in the WM
(Toro and Burnod, 2005). That model, however, attributed the
source of cortical folding to a growing cortical surface, depend-
ing simply on cortical thickness and mechanical properties of the
cortical GM. Although the model showed cortical convolutions
to form as a natural consequence of cortical growth,it was largely
descriptive,notpredictive,sincecorticalthicknessdoesnotappear
as an independent parameter; did not take numbers of neurons,
of ﬁbers in the WM, nor neuronal size into consideration; nor
did it acknowledge that the cerebral cortex may scale as differ-
ent functions of its number of neurons and connectivity across
mammalian groups.
Recently, a study of the distribution of stress in the subcortical
WM of the developing ferret brain found that axons are indeed
under tension,although the majority of them are located circum-
ferentially in the WM, radially in the subplate, and in the cores of
outward folds (Xu et al., 2010). While the authors took this dis-
tribution as evidence againstVan Essen’s tension-driven model of
cortical folding (because of the failure to ﬁnd tension across the
walls of gyri), we believe that it actually provides direct evidence
that conﬁrms that the WM grows under considerable axonal ten-
sion, which should make its growth deviate from allometry and
thus,according to our model,sufﬁce to cause its surface to fold.
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Evidence that induced,abnormal cortical growth induces con-
volutions in the normally lissencephalic mouse brain (Haydar
et al.,1999; Chenn andWalsh,2002; Kingsbury et al.,2003)s e e m s
to favor models of cortical folding driven by cortical growth like
that of Toro and Burnod (2005). However, our model, which
attributes no major determinant role to the thickness of the WM,
also predicts increased folding as a consequence of a larger num-
ber of cortical neurons, depending simply on there being enough
internal tension in the WM, even if cortical connectivity remains
unchanged. One of the key features of our connectivity-based
model, then, is that it shows that changes in the properties of
theGMarenotnecessarilyafactordrivingcorticalfolding;rather,
they may occur as a consequence of WM folding, depending on
other,possibly unrelated factors such as the average neuronal size,
numberof neuronsintheGMandthefractionconnectedthrough
the WM, determining for instance the resulting average cortical
thickness. Note that, according to our model, local variations in
corticalthicknessdonotaffecttheWMvolumeandfoldingindex.
Such variations in thickness across the cortical surface, which are
knowntobeexist,mayhoweverinsomecasescreatediscrepancies
between our expected and observed values of the GM folding.
Notice that our model does not predict where cortical folds
should occur. Gyral placement might be directed by tension pat-
terns(VanEssen,1997)and/orbydifferentialGMgrowthpatterns
(Richman et al., 1975; Xu et al., 2010). Our model does not deny
the inﬂuence of differential growth in cortical patterning; it sim-
plypredictsthattheextentof thesefoldsshouldscaleasthecortex
gains neurons depending on the connectivity fraction,the average
cross-sectional area of the axons in the WM, and their tension.
In the end, we envision cortical patterning as the result of
a mechanical phenomenon, probably involving a tug-of-war or
push–pull effect of GM and WM on each other during develop-
ment – maybe as the GM is nudged into curving by its expanding
outer layers, at the same time as the WM pulls onto it. The orga-
nization (anisotropy) of the WM seems to come into being via
stretch growth, in which it is pulled outward as the diameter of
the growing cortex increases (Smith, 2009) – and, therefore, as
it necessarily resists this outward pull, due to intrinsic tension
(or axons would continue to grow in a disorganized fashion).
In culture, stretch growth transforms random axonal projections
formed via outgrowth from central nervous system explants into
uniform parallel fascicles (Smith et al., 2001; Pﬁster et al., 2004).
The same process is likely to occur in the brain, as the expand-
ing ensemble of the growing cortex physically pulls the WM into
long organized tracts during development. Our ﬁnding that the
volume of the WM grows hypometrically relative to its surface
(Herculano-Houzel et al.,2010) provides strong evidence that the
axonscomposingtheWMnotonlyresisttowing,butalsoproduce
anetoppositeforceontheGM,whichweproposethatcontributes
tofoldingtheGMintogyri–anddeterminestheincreasingfolding
of the cortical surface in larger brains across species.
CORTICAL THICKNESS: CAUSE OR CONSEQUENCE?
Qualitatively, thinner cerebral cortices are usually found in more
convolutedbrains,whetheracrossspeciesorinpathologicalcondi-
tions.Inschizophrenia,forexample,thecortexmaybefoundtobe
thinnerthanusual,withareducedvolumeof thesuperﬁciallayers,
andalsomorefolded(Salletetal.,2003);lissencephaliccortices,on
thecontrary,areoftenfoundtobethickerthannormal(Olsonand
Walsh, 2002). These ﬁndings are often interpreted as evidence of
a thicker cortex resisting buckling. Our model, however, offers an
alternativeinterpretation:thatcorticalthicknessincreasesasacon-
sequence of a smaller fraction of neurons connected through the
WM,in combination or not to an increased average neuronal size
in theWM. This can be intuitively understood as the stacking of a
larger number of neurons on top of the GM/WM interface when
smallerproportionsofcorticalneuronssendorreceiveaxonsfrom
theWM;combinedtoathinnerspreadingof corticalneuronsover
the GM/WM interface when the average axonal cross-sectional
area leaving or entering theWM is larger (Figure3).According to
our model, then, more highly folded cortices are those that have
larger connectivity fractions and/or larger average axonal cross-
sectional areas,which for the said reasons lead to a thinner cortex.
Similarly,thethickerlissencephaliccortexispredictedtobearesult
of abnormal (insufﬁcient) cortical connectivity through the WM,
possibly due to abnormal neuronal migration (Olson and Walsh,
2002),and not simply a cortex that became too thick to be folded.
CORTICAL FOLDING AND NUMBER OF CORTICAL NEURONS
Onelastandveryimportantaspectof corticalfoldingisthatishas
often been considered a means of making more neurons ﬁt into
a space-limited brain, as the larger-than-expected cortical surface
supposedly allows a larger-than-expected number of neurons for
a given cranial volume. However, this would only be the case if
cortical expansion occurred mostly laterally, and with a homoge-
neous number of neurons per surface area. In contrast,as we have
shown previously,cortical expansion can no longer be considered
to occur homogeneously across species, nor with a homogeneous
number of neurons beneath a unit surface area. This means that
it is no longer necessarily true that more convoluted cortices have
more neurons than less convoluted cortices. Indeed, the elephant
cortex,whichhasalargersurfaceareaandismoreconvolutedthan
the human brain, has been estimated to have fewer neurons than
the letter (Roth and Dicke, 2005; Herculano-Houzel,2009).
CONCLUSION
Here we show that cortical folding in mammals can be predicted
to happen as a consequence of the folding of the underlying WM
under tension of its axons, and not as a simple, linear function
of its number of neurons. Moreover, we show that the scaling of
corticalfoldingwithlargernumbersofcorticalneuronscanbepre-
dicted, and possibly determined, in different groups of mammals
by the scaling of a small number of parameters:(1) the fraction of
corticalneuronsconnectedthroughtheWM;(2)theaveragecross-
sectional area of axons in the WM; and (3) the shrinkage, under
tension, of average axonal length relative to isometry. Just one
further parameter, the scaling of (4) neuronal density, is required
next to predict, or determine, both how the thickness of the GM
varies, and how the folding of the GM itself scales. This of course
assumes near perpendicular (or at least invariant across species)
incidenceof axonalﬁbersattheWM–GMinterface.Thisisaplau-
sible hypothesis for ﬁbers under longitudinal tension; but the lack
of actual systematic measurement of incidence angles that could
conﬁrmthishypothesismustbetakesasalimitationof thepresent
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work. Such a measurement would be most welcome, allowing us
extend our model by introducing another measured coefﬁcient
(relating the average incidence angle as a power law of N), to
recalculate the values of the various coefﬁcients with a source of
uncertainty removed, and to independently test our underlying
hypothesis (since we expect a cortex grown subject to axonal lon-
gitudinal tensions to show a marked tendency toward orthogonal
incidence).
Importantly, while the model is potentially universal, apply-
ing across the different orders of mammals, it does not at all
imply that there is a single way for the cortex to scale. Rather,
we show that, according to the same model, there are many pos-
sible combinations of exponents c, α, and λ that lead to cortices
that become increasingly folded as they gain neurons – as long as
λ<(c+1+α)/2.Again,ourmodelpredictsthatcorticalthickness
is not a determinant of cortical folding,but rather a consequence,
dependingonthescalingof neuronaldensityaswellasof thecon-
nectivity fraction and average cross-sectional area of the axons in
the WM.
Even in the case that experimental testing eventually shows
that causality in cortical folding is not as proposed in our model
without the introduction of further variables, the latter has the
enormous advantage of allowing one to deduce the scaling of cor-
tical connectivity, axonal length, cross-sectional area, and thus to
infer propagation time and computational capability and efﬁcacy,
from readily measurable values of AW,VW,N,OW, and DN.
ACKNOWLEDGMENTS
Suzana Herculano-Houzel is supported by FAPERJ-Cientista do
Nosso Estado, CNPq – Edital Universal, INNT/MCT, and the
James McDonnell Foundation; Bruno Mota is supported by a
FAPERJ/CAPES postdoctoral grant.
REFERENCES
Barres, B. A., and Raff, M. C. (1994).
Control of oligodendrocyte number
in the developing rat optic nerve.
Neuron 12, 935–942.
Barres, B. A., and Raff, M. C. (1999).
Axonal control of oligodendrocyte
development. J. Cell Biol. 147,
1123–1128.
Braitenberg, V., and Schüz, A. (1998).
Cortex: Statistics and Geometry of
Neuronal Connectivity, 2nd Edn.
Berlin: SpringerVerlag.
Caminiti, R., Ghaziri, H., Galuske, R.,
Hof, P. R., and Innocenti, G. M.
(2009).Evolutionampliﬁedprocess-
ing with temporally dispersed slow
neuronal connectivity in primates.
Proc. Natl. Acad. Sci. U.S.A. 106,
19551–19556.
Chenn, A., and Walsh, C. (2002). Reg-
ulation of cerebral cortical size by
control of cell cycle exit in neural
precursos. Science 297, 365–369.
Collins, C. E., Airey, D. C., Young, N.
A., Leitch, D. B., and Kaas, J. H.
(2010).Neurondensitiesvaryacross
andwithincorticalareasinprimates.
Proc. Natl. Acad. Sci. U.S.A. 107,
15927–15932.
Gabi, M., Collins, C. E., Wong, P.,
Kaas, J. H., and Herculano-Houzel,
S. (2010). Cellular scaling rules for
the brain of an extended number of
primate species. Brain Behav. Evol.
76, 32–44.
Goldman-Rakic,P. (1980). Morpholog-
ical consequences of prenatal injury
totheprimatebrain.Prog.BrainRes.
53, 3–19.
Goldman-Rakic,P.,andRakic,P.(1984).
“Experimental modiﬁcation of gyral
patterns,” in Cerebral Dominance:
The Biological Foundation, eds N.
GeschwindandA.Galaburda(Cam-
bridge: Harvard University Press),
179–192.
Gross, C. G. (1999). Brain, Vision,
Memory: Tales in the History of
Neuroscience. Cambridge: MIT
Press.
Haydar, T., Kuan, C., Flavell, R., and
Rakic, P. (1999). The role of cell
death in regulating the size and
shape of the mammalian forebrain.
Cereb. Cortex 9, 621–626.
Herculano-Houzel, S. (2009). The
human brain in numbers: a lin-
early scaled-up primate brain.
Front. Hum. Neurosci. 3:31.
doi:10.3389/neuro.09.031.2009
Herculano-Houzel, S. (2011). Not all
brainsaremadethesame:newviews
on brain scaling in evolution. Brain
Behav. Evol. 78, 22–36.
Herculano-Houzel, S., Collins, C. E.,
Wong,P.,andKaas,J.H.(2007).Cel-
lularscalingrulesforprimatebrains.
Proc. Natl. Acad. Sci. U.S.A. 104,
3562–3567.
Herculano-Houzel, S., Collins, C. E.,
Wong, P., Kaas, J. H., and Lent, R.
(2008).Thebasicnon-uniformityof
the cerebral cortex. Proc. Natl. Acad.
Sci. U.S.A. 105, 12593–12598.
Herculano-Houzel, S., and Lent, R.
(2005).Isotropicfractionator:asim-
ple,rapidmethodforthequantiﬁca-
tion of total cell and neuron num-
bers in the brain. J. Neurosci. 25,
2518–2521.
Herculano-Houzel, S., Mota, B., and
Lent,R.(2006).Cellularscalingrules
for rodent brains. Proc. Natl. Acad.
Sci. U.S.A. 103, 12138–12143.
Herculano-Houzel, S., Mota, B.,
Wong, P., and Kaas, J. H. (2010).
Connectivity-driven white matter
scaling and folding in primate
cerebral cortex. Proc. Natl. Acad. Sci.
U.S.A. 107, 19008–19013.
Herculano-Houzel, S., Ribeiro, P. F. M.,
Campos, L., da Silva, A. V., Tor-
res, L. B., Catania, K., and Kaas, J.
H. (2011). Updated neuronal scal-
ing rules for the brains of Glires
(rodents/lagomorphs). Brain Behav.
Evol. 78, 302–314.
Hilgetag, C. C., and Barbas, H.
(2005). Developmental mechanics
of the primate cerebral cortex. Anat.
Embryol. 210, 411–417.
His, W. (1874). Unsere Körperform
und das physiologische Problem ihrer
Enstellung. Leipzig: FCWVogel.
Hofman, M. (1985). Size and shape of
the cerebral cortex in mammals. I.
The cortical surface. Brain Behav.
Evol. 27, 28–40.
Kaas, J. H. (2009). Encyclopedia of
Neuroscience. Amsterdam: Elsevier,
793–800.
Kingsbury, M., Rehen, S., Contos,
J., Higgins, C., and Chun, J.
(2003). Non-proliferative effects of
lysophosphatidic acid enhance cor-
tical growth and folding. Nat. Neu-
rosci. 6, 1292–1299.
LeGrosClark,W.(1945).“Deformation
patterns on the cerebral cortex,” in
Essays on Growth and Form, eds. W.
Le Gros Clark and P. B. Medawar.
(Oxford: Oxford University Press),
1–23.
Mori, S., Kaufmann, W. E., Davatzikos,
C., Stieltjes, B., Amodei, L., Fred-
ericksen, K., Pearlson, G. D., Mel-
hem, E. R., Solaiyappan, M., Pay-
mond, G. V., Moser, H. W., and van
Sizj, P. C. (2002). Imaging corti-
cal association tracts in the human
brain using diffusion-tensor-based
axonal tracking. Magn. Reson. Med.
47, 215–223.
Olivares, R., Montiel, J., and Aboitiz, F.
(2001). Species differences and sim-
ilarities in the ﬁne structure of the
mammalian corpus callosum. Brain
Behav. Evol. 57, 98–105.
Olson, E. C., and Walsh, C. A. (2002).
Smooth, rough and upside-down
neocortical development. Curr.
Opin. Genet. Dev. 12, 320–327.
Pﬁster, B. J., Iwata, A., Meaney, D. F.,
and Smith, D. H. (2004). Extreme
stretch growth of integrated axons.
J. Neurosci. 24, 7978–7983.
Pillay, P., and Manger, P. R. (2007).
Order-speciﬁc quantitative patterns
of cortical gyriﬁcation. Eur. J. Neu-
rosci. 25, 2705–2712.
Prothero, J. (1997). Scaling of corti-
cal neuron density and white matter
volume in mammals. J. Hirnforsch.
38, 513–524.
Richman, D., Stewart, R., Hutchun-
son, J., and Caviness, V. Jr. (1975).
Mechanical model of brain con-
volution development. Science 189,
18–21.
Rockel,A. J., Hiorns, R. W., and Powell,
T. P. S. (1980). The basic uniformity
in the structure of the neocortex.
Brain 103, 221–244.
Roth, G., and Dicke, U. (2005). Evolu-
tion of the brain and intelligence.
Trends Cogn. Sci. (Regul. Ed.) 9,
250–257.
Sadahiro, S., Yoshikawa, H., Yagi,
N., Yamamoto, Y., Yanagihara,
T., Kimura, M., and Sakoda, S.
(2000). Morphometric analysis of
the myelin-associated oligoden-
drocytic basic protein-deﬁcient
mouse reveals a possible role for
myelin-associated oligodendro-
cytic basic protein in regulating
axonal diameter. Neuroscience 98,
361–367.
Sallet, P. C., Elkis, H., Oliveira, J.
R., Sassi, E., de Castro, C. C.,
Busatto, G. F., and Gattaz, W. F.
(2003). Reduced cortical folding in
schizophrenia: an MRI morpho-
metric study. J. Anat. Physiol. 36,
309–319.
Sarko,D.K.,Catania,K.C.,Leitch,D.B.,
Kaas, J. H., and Herculano-Houzel,
S. (2009). Cellular scaling rules of
insectivorebrains.Front.Neuroanat.
3:8. doi:10.3389/neuro.05.008.2009
Sauvageot, C. M., and Stiles, C. D.
(2002). Molecular mechanisms
controlling cortical gliogene-
sis. Curr. Opin. Neurobiol. 12,
244–249.
Frontiers in Neuroanatomy www.frontiersin.org February 2012 | Volume 6 | Article 3 | 13Mota and Herculano-Houzel An inside-out model of cortical folding
Tower, D. B. (1954). Structural and
functional organization of mam-
malian cerebral cortex; the cor-
relation of neurone density with
brain size; cortical neurone den-
sity in the ﬁn whale (Baleanoptera
physalus L.) with a note on the cor-
tical neurone density in the Indian
elephant. J. Comp. Neurol. 101,
19–51.
Smith, D. H. (2009). Stretch growth
of integrated axon tracts: extremes
and exploitations. Prog. Neurobiol.
89, 231–239.
Smith, D. H., Wolf, J. A., and Meaney,
D. F. (2001). A new strategy to pro-
duce sustained growth of central
nervous system axons: continuous
mechanical tension. Tissue Eng. 7,
131–139.
Toro, R., and Burnod, Y. (2005).
A morphogenetic model for
the development of cortical
convolutions. Cereb. Cortex 15,
1900–1913.
Toro, R., Perron, M., Pike, B., Richer, L.,
Veillette,S.,Pausova,Z.,and Paus,T.
(2008). Brain size and folding of the
humancerebralcortex.Cereb.Cortex
18, 2352–2357.
Van Essen, D. C. (1997). A tension-
based theory of morphogenesis
and compact wiring in the cen-
tral nervous system. Nature 385,
313–318.
Wang, S. S. H., Shultz, J. R., Bur-
ish, M. J., Harrison, K. H., Hof,
P. R., Towns, L. C., Wagers, M.
W., and Wyatt, K. D. (2008). Func-
tional trade-offs in white mat-
ter axonal scaling. J. Neurosci. 28,
4047–4056.
Welker, W. (1990). “Why does cerebral
cortex ﬁssure and fold? A review of
determinants of gyri and sulci,” in
CerebralCortexVol.8B,Comparative
Structure and Evolution of Cerebral
Cortex, Part II, eds E. G. Jones and
A. Peters (New York: Plenum Press),
3–136.
Xu, G., Knutsen, A. K., Dikranian, K.,
Kroenke, C. D., Bayly, P. V., and
Taber, L. A. (2010). Axons pull on
the brain,but tension does not drive
corticalfolding.J.Biomech.Eng.132,
071013–71011.
Zhang, K., and Sejnowski, T. J. (2000).
A universal scaling law between gray
matter and white matter of cerebral
cortex. Proc. Natl. Acad. Sci. U.S.A.
97, 5621–5626.
Zilles, K., Armstrong, E., Schleicher, A.,
and Kretschmann, H. J. (1988). The
human pattern of gyriﬁcation in the
cerebral cortex. Anat. Embryol. 179,
173–179.
Conﬂict of Interest Statement: The
authors declare that the research was
conducted in the absence of any
commercial or ﬁnancial relationships
that could be construed as a potential
conﬂict of interest.
Received: 02 August 2011; accepted: 15
January 2012; published online: 02 Feb-
ruary 2012.
Citation: Mota B and Herculano-Houzel
S (2012) How the cortex gets its folds:
an inside-out, connectivity-driven model
for the scaling of mammalian corti-
cal folding. Front. Neuroanat. 6:3. doi:
10.3389/fnana.2012.00003
Copyright © 2012 Mota and Herculano-
Houzel. This is an open-access arti-
cle distributed under the terms of
the Creative Commons Attribution Non
Commercial License, which permits non-
commercial use, distribution, and repro-
duction in other forums, provided
the original authors and source are
credited.
Frontiers in Neuroanatomy www.frontiersin.org February 2012 | Volume 6 | Article 3 | 14